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Analysis and Reduction of Cross-Modulation
Distortion in CDMA Receivers

Vladimir Aparin and Lawrence E. Larson, Fellow, IEEE

Abstract—The jammer cross modulation (XM) transferred
from a transmitter (TX) CDMA leakage by a receiver circuit
is analyzed using the Volterra series and statistical theory. The
measured “double-hump” XM spectrum is explained based on
the CDMA signal statistics derived using the proposed system
model of a reverse-link CDMA signal. The analysis shows that
the XM distortion is affected by the circuit behavior not only
at the jammer and the TX leakage frequencies, but also in the
CDMA signal baseband and at the sum and difference of the
excitation frequencies. This theory was verified on a 2-GHz Si
bipolar junction transistor low-noise amplifier whose out-of-band
terminations were optimally tuned to significantly reduce its XM
distortion.

Index Terms—Bipolar transistor circuits, code-division
multiaccess, cross-modulation (XM) distortion, nonlinear circuits,
spectral analysis, statistics, Volterra series.

I. INTRODUCTION

THE continuing miniaturization of CDMA phones makes
the receiver (RX) front-end design more challenging. The

new generation of antenna duplexers use surface acoustic-wave
(SAW) technology and have much smaller size than their
predecessors—ceramic duplexers. The isolation between the
transmitter (TX) and RX ports of the new duplexers is lower
than it used to be and causes a stronger TX leakage to the RX
input. This leakage is generally not a problem on its own. How-
ever, in the presence of a strong in-band jammer transmitted
by a nearby analog base station, the TX leakage modulation is
transferred to the jammer by the RX nonlinearities widening
the jammer spectrum, as shown in Fig. 1. This widening
is called cross modulation (XM). It contaminates the RX
channels adjacent to the jammer reducing the RX sensitivity.
To comply with the single-tone desensitization requirement of
the ANSI/TIA/EIA-98-D Standard [1], CDMA RXs must be
designed to be very linear.

To aid the linearization of CDMA RX front ends, the effect
of the circuit characteristics on the XM distortion must be un-
derstood. This effect can be analyzed using the power series
approach [2], [3], which is the tool of popular choice due to
its simplicity. However, it is only applicable to memoryless cir-
cuits, i.e., circuits with zero reactances and, thus, frequency-in-
dependent characteristics. RF circuits do not satisfy this crite-
rion, and require the use of the harmonic-balance circuit enve-
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Fig. 1. XM in a CDMA transceiver.

lope or Volterra-series techniques. Though very powerful circuit
simulation tools, the harmonic-balance and circuit envelope do
not give an insight on how XM is affected by parameters and
terminal impedances of an active device. The Volterra-series
analysis often gives a closed-form solution for a distortion in a
weakly nonlinear circuit showing the contributions of different
nonlinearities to the distortion and the effect of out-of-band ter-
minations. The latter can be used to efficiently reduce the circuit
distortion [4]–[8].

Another challenge of the XM analysis is taking into account
the pseudorandom nature of a CDMA signal. The analysis pre-
sented in [2] treats the TX CDMA leakage as a narrow-band
Gaussian noise (NBGN) yielding the same expression for the
total XM power as in [3]. The Gaussian approximation of a
CDMA signal is often used in analyzing other types of distor-
tion such as spectral regrowth [9], [10]. The popularity of this
approximation is due to the fact that the expansion formulas of
the higher order normal moments are well known [11], [12], and
they significantly simplify the distortion analysis. However, the
NBGN model overestimates the XM distortion and, therefore,
requires an empirical fitting of the XM noise in the adjacent
RX channel, as in [3]. Nor can it explain a commonly observed
XM power drop closer to the jammer center frequency resulting
in a “double-hump” spectrum shape. These deficiencies of the
Gaussian approximation require a development of a new more
accurate model.

Such a model was proposed in [13] and is used here in a
more extensive review of the XM distortion in CDMA RXs.
Section II gives foundations for this model and uses it to derive
the statistical properties of a CDMA signal that are compared to
the Gaussian noise properties. Section III uses a Volterra series
to analyze the XM of a single-tone jammer in a weakly non-
linear common-emitter circuit. It derives a relationship between
the XM distortion and input-referred third-order intercept point
( ). Section IV discusses the dependence of the XM distor-
tion on the circuit out-of-band terminal impedances. This de-
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Fig. 2. IS-95 CDMA reverse-link modulator.

pendence was used to efficiently linearize a 2-GHz Si bipolar
junction transistor (BJT) low-noise amplifier (LNA) described
in Section V. Section VI presents measured data to confirm the
theoretical results.

II. TIME-DOMAIN MODEL AND STATISTICAL PROPERTIES

OF CDMA SIGNAL

To aid the XM analysis, a CDMA signal will be described
here in the time domain according to the IS-95 CDMA
reverse-link modulation scheme shown in Fig. 2. The bi-
nary-valued transmitted data is first split into the and data
sequences and spread by the orthogonal PN codes at the rate

Mc/s using a modulo-2 addition. The spreading
codes are assumed infinitely long. The sequence is delayed
by half a PN chip time resulting in offset quadrature phase-shift
keying (OQPSK) spreading. After passing the baseband filters,
the and sequences become

(1a)

(1b)

where and are uncorrelated random numbers taking values
of with equal probability, is the impulse response of the
filters, is a random phase uniformly distributed in , and

is the chip time equal to .
The IS-95 baseband filter is implemented as a 48-tap finite

impulse response (FIR) filter with the impulse and frequency
responses shown in Fig. 3. With an acceptable accuracy, it can
be modeled as an ideal low-pass filter with the cutoff frequency
of and infinite impulse response , where

and MHz. The
impulse and frequency responses of this brick-wall filter are
compared to the IS-95 filter responses in Fig. 3. With this ap-
proximation, the filtered and signals are given by

(2a)

(2b)

(a)

(b)

Fig. 3. Responses of IS-95 and brick-wall filters. (a) Impulse responses. (b)
Frequency responses.

After the baseband pulse shaping, the and signals are
modulated on two carriers in quadrature and summed producing
the transmitted signal

(3a)

where

(3b)

(3c)

is the angular frequency of the carriers and is their random
phase independent of and uniformly distributed in .
Equations (3a)–(3c) constitute the time-domain model of a
reverse-link CDMA signal with unity variance. In general,
this signal can be described as , where is
its mean-square voltage or variance. A forward-link CDMA
signal is quadrature phase-shift key (QPSK) modulated and,
for a single active Walsh-coded channel, is also modeled by
(3a)–(3c) without 1/2 in the sinc-function argument of (3c).

According to the interpolation formula of the sampling
theorem [14], any signal confined to the band
can be accurately represented by an infinite sum of the sinc
pulses spaced periodically seconds apart and weighted by
the signal samples at the corresponding time instants. Thus,
(3a)–(3c) can be viewed as a general time-domain model of
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two band-limited signals OQPSK modulated on a carrier with
and being their samples. If these samples are normally

distributed, (3a)–(3c) describe NBGN. Thus, the important
difference between the models of a CDMA signal and NBGN
is in the statistical properties of the and samples.

The correlation properties of and for a CDMA signal
and NBGN are the same and are given by

(4a)
if

if
(4b)

where is the statistical average (or expectation). Distortion
analysis also requires the knowledge of the th moments of the

and samples. For a CDMA signal

if is odd
if is even

(5)

and, for NBGN [11]

if is odd

if is even.
(6)

Thus, the higher even-order moments of the and samples for
NBGN exceed those for a CDMA signal, which causes NBGN
to exhibit a stronger distortion.

Since , both a CDMA signal and NBGN
have zero mean. Due to the randomness and zero cross-correla-
tion of and , the statistical properties of and are time
independent. Thus, a CDMA signal and NBGN and their distor-
tions are stationary processes under the made assumptions. To
shorten the formulas, the time variable will be set to zero in
further derivations without losing accuracy. As shown in Ap-
pendix A, and have the same autocorrelation function
given by

(7)

The Fourier transform of this autocorrelation function yields the
following two-sided power spectral density (PSD) function

otherwise.
(8)

In the remainder of this paper, to shorten expressions for the
PSD, only the frequency ranges where it is nonzero will be men-
tioned.

The characteristic function of a reverse-link CDMA signal is
derived in Appendix B and is given by

(9)

The above integral belongs to a group of sinc-related integrals
that do not have analytical solutions according to [15]. It was
computed numerically and then, using the inverse Fourier
transform (IFT), converted to a probability density function

Fig. 4. PDFs of OQPSK and QPSK modulated signals compared to a Gaussian
PDF.

(PDF) that is plotted as a solid line in Fig. 4, where is
the instantaneous voltage and is its probability. The
characteristic function of a QPSK modulated signal such as
a single-channel forward-link CDMA signal is the same as
(9) with omitted and replaced with in the
second brackets. Its PDF obtained by IFT is also plotted in
Fig. 4 together with the PDF of NBGN for comparison. As can
be seen, the PDFs of OQPSK and QPSK modulated signals
significantly differ from the Gaussian PDF and, therefore, the
expansion formulas of the higher order joint normal moments
used in [2], [9], and [10] as part of the Gaussian approximation
cannot be used in analyzing distortions of these signals. The
joint moments of a CDMA signal applicable for a power series
analysis of distortions up to the third order were derived in
closed form in [16].

III. XM ANALYSIS

Here, we derive an expression for the total XM power gener-
ated in the CDMA receive band by a weakly nonlinear circuit.
This is accomplished by calculating the Fourier transform of the
autocorrelation of the third-order response of the circuit based
on a Volterra-series analysis.

Let the input signal of an RX circuit be

(10)

where is a single-tone jammer with
a constant amplitude and a random phase uniformly dis-
tributed over the interval , and is
a TX CDMA leakage with a root-mean-square voltage
and defined by (3a). After passing through the circuit, the
jammer spectrum is widened by the XM distortion generated by
the circuit nonlinearities. The XM distortion acts as an interfer-
ence to a weak desired signal adjacent to the jammer. Our goal is
to find the XM power that falls within the desired signal band.
Since the source of XM is the TX leakage, the analysis does
not require the presence of the desired signal and, therefore, the
latter will be omitted. Only its location relative to the jammer
will be considered.



1594 IEEE TRANSACTIONS ON MICROWAVE THEORY AND TECHNIQUES, VOL. 51, NO. 5, MAY 2003

Fig. 5. Equivalent circuit of a common-emitter stage.

In a general case of a circuit with memory, the output signal
can be expanded in the following Volterra series [12]:

(11)

where

(12)

and is the th-order Volterra kernel describing
the circuit’s nonlinear impulse response of order .

The TX modulation is transferred to the jammer by the odd-
order nonlinear terms in (11). Terms of order higher than three
will be neglected here since most RX front-end circuits operate
far below their 1-dB gain compression. The circuit impedances
will be assumed frequency independent within around

, , , and .
As shown in Appendix C, the jammer XM is described by the

following two-sided spectral density function:

(13)

for , where is the three-dimen-
sional Fourier transform of the Volterra kernel ,
also known as the third-order nonlinear transfer function. It
can be derived using the harmonic input or nonlinear current
methods [12]. For a common-emitter stage shown in Fig. 5,

has already been derived and was published in
[6], [8], and [17]. The result presented in [6] is more general by
including the effect of the base–collector capacitance. Using
this result, we get

(14)

where is the linear transfer function (voltage gain) of
the stage, , relates the equivalent

Fig. 6. Spectrum of XM distortion.

input third-order distortion voltage to the third-order distortion
response of the nonlinear terms, is the linear transfer
function of to ,

(15)

(16)

(17)

( ) are the Taylor-series coefficients,
is the base–emitter junction capacitance, is the base–col-
lector junction capacitance, is the forward transit time, is
the forward dc current gain, and ( ) are the ter-
minal impedances defined in Fig. 5. The third-order nonlinear
transfer function of a common-source stage is also described
by (14)–(17) with , , , ,

, , and , where the subscripts , ,
and stand for gate, source, and drain, respectively.

Substituting (14) into (13), we obtain

(18)

If is constant in the CDMA baseband (0, ), the XM spec-
trum in the linear scale is outlined by two parabolas centered at

and , turned upside down and reaching zero at
, and , as shown in Fig. 6. This “double-hump”

XM spectrum shape is due to the CDMA signal statistics. By
contrast, the analysis based on modeling the CDMA signal as
NBGN predicts a triangle XM spectrum centered at the jammer
frequency [2].

The XM power in the adjacent RX channel is determined by
the jammer offset from the channel center frequency (
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) and by the channel filter bandwidth ( ). When referred to
the source as the available power, it is given by

(19)

where a factor of two is included to take into account the neg-
ative frequency spectrum. The letter “ ” in the subscript dif-
ferentiates the XM power in the RX channel above the jammer
frequency from that in the channel below ( ). Assuming
that is constant in the frequency range ( ) that
will be denoted as , we get

(20)

where and are the input-referred available jammer
and TX leakage powers equal to and

, respectively. The equation for is
the same as (20), but with the minus sign in front of .

XM distortion is often estimated from because the latter
is easier to simulate or measure. The RX is usually eval-
uated in the RX band. If the two excitation tones are at and

, for the upper-side intermodulation term is given
in [6] as

(21)

Solving for in (21) and substituting it to (20) gives

(22)

This formula shows that the relationship between XM and
is frequency dependent and, therefore, is not always a good
estimate of XM. Neglecting this frequency dependence and sub-
stituting MHz for cellular RXs and MHz
for personal communications system (PCS) RXs, we get

[dBm]
cellular RX

PCS RX
(23)

where “U” in the subscripts of and was omitted to re-
flect the symmetry in the XM and intermodulation distortions in
frequency-independent circuits. Equation (23) predicts 3.1 and
1.7 dB less XM power in a cellular and PCS channels, respec-
tively, than a similar formula derived using the Gaussian approx-
imation of the CDMA signal [2].

IV. EFFECT OF OUT-OF-BAND TERMINATIONS

ON XM DISTORTION

Equation (18) provides an insight into how an amplifier can
be linearized. It shows that the XM distortion depends on the
circuit in-band impedances, i.e., those at and (funda-
mental frequencies), and out-of-band impedances, i.e., those in
the CDMA baseband and at and (second-order
mixing frequencies). The dependence on the out-of-band im-
pedances is introduced by that describes the distortion contri-
bution of the second-order nonlinearity of the device transcon-
ductance . Even though the XM is the odd-order distortion,
the second-order nonlinearity still contributes to it by first gen-
erating second-order responses and then, after they are fed back
to the input, mixing them with the fundamental excitations. In a
common-emitter stage, the feedback paths are provided by the
emitter-degeneration network, the base–emitter and base–col-
lector junctions. If the operating frequency is low enough to ne-
glect the effect of the feedback capacitances at and below the
second harmonic frequency, in the absence of the emitter de-
generation, .

Examination of (16) and (17) shows that, if the terminal im-
pedances , , and have positive real parts, which is usu-
ally the case, is also positive. Therefore, for RF am-
plifiers, can be made less than provided that is pos-
itive, i.e., the device exhibits gain expansion for small signals.
This is exactly the behavior of BJTs. Their out-of-band terminal
impedances can be selectively tuned so that the XM responses
of the self-interacting second-order nonlinearity cancel those
of the third-order nonlinearity according to (15). The resulting
XM distortion can theoretically be zero regardless of the input
power.

The optimum and in the CDMA baseband and at
and are found by setting to zero. To cancel the

XM distortion within the RX channel adjacent to the jammer for
different and ,1 that is responsible for the frequency
dependence of should be constant in the corresponding ranges
of the second-order mixing frequencies, i.e.,

where

(24a)

(24b)

(24c)

where and are some constants in units of , and the
right-hand side of (24c) is derived to make zero. Equations
(24a)–(24c) are underdetermined and, therefore, have many
solutions for optimum out-of-band and .

If , the baseband second-order distor-
tion response from the TX leakage modulates only the jammer
amplitude resulting in a symmetrical XM spectrum (

). If, on the other hand, , the baseband
response modulates not only the amplitude, but also the phase of
the jammer. The resulting XM spectrum will have asymmetry,

1Since the offset of the RX channel from the TX channel f � f is fixed, as
defined in the ANSI/TIA/EIA-98-D Standard, f is equal to f +45 MHz�f

for the cellular band and f + 80 MHz �f for the PCS band
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i.e., , and the XM noise cannot be cancelled
on both sides of the jammer simultaneously. Since is
conjugate to , to avoid the XM spectrum asymmetry, the
bias circuit should be designed so that , i.e., its
reactances should be minimized in the CDMA baseband. There-
fore, in (24a) and (24c) should be real.

The out-of-band load impedance affects XM due to the feed-
back through . For a typical narrow-band RF circuit, is
much smaller than the impedance of in the CDMA base-
band and at . Thus, the feedback through and the ef-
fect of at these frequencies can be neglected. Furthermore,
by making , (24a) and (24b) can be combined into a
single equation for the optimum source impedance in the fre-
quency range . For an inductively degen-
erated common-emitter stage with , the
solution of this equation is very accurately approximated by

(25)

The optimum source and load impedances at are
found from (24c) with . If the BJT operates below the
high-injection region and above the low-current nonideal region

(26)

and . In this case, (24c) simplifies to

(27)

Three important observations can be made from (25) and (27)
as follows.

1) For a given value of , the optimum source and load im-
pedances at depends upon the BJT small-signal
transconductance that is proportional to the collector
dc current. This dependence is undesirable and can be
minimized if is chosen much smaller than .

2) If , in the frequency range
is negative and cannot be imple-

mented without making the circuit unstable. On the other
hand, choosing relatively large may force the solutions
to (27) to have negative real parts, which is not desirable
either.

3) The optimum source impedance at low frequencies
strongly depends on that varies by over 50% over
process and temperature for a typical bipolar process.
This dependence may cause XM of an optimally termi-
nated circuit to vary by several decibels.

The presented analysis of the distortion cancellation is based
on zeroing . The contributions of the fifth-order and higher
odd-order terms of were neglected. Generally, these terms
are not cancelled by tuning and at the out-of-band fre-
quencies that affect only .

It should also be noted that, according to (20) and (21), the
out-of-band frequencies affecting XM are not the same as those
affecting . Therefore, tuning the out-of-band and for
the highest may not necessarily lead to the lowest XM.

Fig. 7. Schematic diagram of the 2-GHz LNA.

On a final note, if one attempts to use the out-of-band
tuning of terminal impedances for a distortion cancellation in
a MOSFET biased in the strong-inversion region, the desired
result will not be achieved since is usually negative in
this region. The device must be biased in the subthreshold
or weak-inversion region where and, thus, can be
reduced below according to (15).

V. LOW-DISTORTION 2-GHz LNA DESIGN

A schematic diagram of the designed 2-GHz LNA is shown
in Fig. 7, where the dashed box marks the boundaries of a dis-
crete bipolar transistor, and the inductances inside the box ( ,

, and ) model the bond wires. The components outside the
dashed box are implemented on a printed circuit (PC) board. The
discrete transistor is biased at a 5-mA collector current from a
2.7-V supply. The operating frequency of the LNA was chosen
outside the commercial frequency bands just to demonstrate the
developed XM distortion theory. In a practical application, the
impedances of an external source and load outside the oper-
ating frequency range are not well defined. To avoid the XM
dependence on these impedances, they are decoupled from the
transistor terminals by the shunt microstrip lines and

. These lines are almost open circuits around 2 GHz and
do not affect the LNA in-band performance. For simplicity, only
the out-of-band source impedance is optimally tuned for low
XM. The out-of-band load impedance is fixed by such that

and
.

With the signal generator shorted to ground at , a
well-controlled nonzero real part of can only be
produced by a resistor in the input matching network. We found
that this resistor cannot be well isolated from the LNA input in
a wide-enough frequency range around 2 GHz and, as a result,
it degrades the LNA NF. To avoid the use of this resistor, the
allowed values of were limited to those with the
real part close to zero. For given , this restriction
allowed us to solve (27) for and optimum .
Once was defined, in the range was
found from (25). turned out to be a negative
constant in this frequency range.

The input matching network is designed to match the LNA
input to 50 around 2 GHz and to optimally terminate it at
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(a)

(b)

Fig. 8. ImplementedZ versus desiredZ . (a) Near dc. (b) Near f +f .

of 4 GHz in the CDMA baseband and at up to
50 MHz. ac grounded by is used for in-band matching.

in the CDMA baseband and at is set by tunable
in parallel with . The time constant of this RC network is
selected much smaller than such that

in the range, where
is equal to the desired negative constant . The
value of is still large enough to provide a good ac ground
for and to isolate from the LNA input at 2 GHz. is
the ac ground for . is used to set the BJT dc-bias current.

is defined by tunable in parallel with .
is tuned by sliding the dc blocking capacitor along the

parallel portions of . Since the characteristic impedance
of is 50 and is an open circuit around 2 GHz,
the tuning does not affect the LNA in-band input match.
The implemented source impedance is plotted as a function of
frequency and compared to the desired predicted by the
theory in Fig. 8.

in series with is used to bring the conjugate input
impedance of the transistor closer to the source impedance
needed for the minimum noise figure (NF). and form the
output matching network. is used for LNA stabilization.

VI. MEASURED RESULTS

Measuring the XM distortion is complicated by the somewhat
high noise floor of a CDMA source, the phase noise of a jammer
source, and the distortion introduced by a spectrum analyzer.
Fig. 9 shows the test setup developed to overcome these diffi-
culties. The combined CDMA and jammer signals are applied
to the DUT input and subtracted from its output. The variable

Fig. 9. Test setup for measuring XM distortion.

Fig. 10. Measured output spectra (P = P = �23 dBm).

attenuator connected to the DUT output and the phase delay of
the feed-forward network are tuned to cancel the jammer and
the noise from the sources around it. The jammer cancellation
allows the use of a high-linearity test LNA to bring the DUT
XM response above the spectrum analyzer noise floor without
additional XM distortion in the test LNA and the spectrum an-
alyzer. The feed-forward network should be well isolated from
the DUT signal path to prevent the XM distortion produced at
the DUT input from coupling to the output through the feed-for-
ward network and to prevent the DUT output signal from cou-
pling back to the input.

Fig. 10 shows two overlapped output spectra of the LNA
driven by a jammer with dBm and a 1.23-MHz-wide
OQPSK CDMA signal with dBm. The solid line is
the output spectrum with the source impedance tuned according
to Fig. 8, and the dashed line is the output spectrum of the same
LNA with k and adjusted such that the dc cur-
rent is the same in both cases. As can be seen, the optimum
out-of-band source tuning reduces the XM distortion by almost
30 dB for the given power levels. It also significantly reduces
the spectral regrowth of the CDMA signal. The measured XM
spectrum has the “double-hump” shape, as predicted theoreti-
cally.

Fig. 11 shows the dependence of the output XM power
( ) on the input power of the jammer and the CDMA
signal. was measured 600 kHz away from the
jammer in a 10-kHz band. With a nonoptimum out-of-band
source impedance, varies by 1 dB per 1 dB of the
jammer power and by 2 dB per 1 dB of the CDMA power
at low power levels. These slopes are due to the dominating
third-order nonlinearity. The described optimum out-of-band
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Fig. 11. Output XM power (P ) versus jammer power (P ) and total
CDMA signal power (P ).

Fig. 12. Measured S-parameters versus frequency.

source tuning cancels this nonlinearity, and the resulting XM
distortion is produced by higher odd-order nonlinearities. That
is why the slopes of the XM power in this case are steeper.

The out-of-band source tuning did not affect the in-band gain,
NF, and input return loss of the LNA. Their measured values at
2 GHz are 16, 1.7, and 10 dB, respectively. The -parameter
plot is shown in Fig. 12. The LNA measured as a function
of frequency and the source impedance is reported in [6].

VII. CONCLUSIONS

We have shown that a commonly used Gaussian approxima-
tion of a CDMA signal fails to predict the XM accurately. The
proposed system model of a CDMA signal showed that its sta-
tistical properties differ from those of NBGN and are respon-
sible for the measured “double-hump” XM spectrum shape. The
Volterra-series analysis demonstrated that the XM is affected
by the circuit behavior not only at the jammer and TX leakage
frequencies, but also in the CDMA signal baseband and at the
sum and difference of the excitation frequencies. This is a larger
set of frequencies than the one affecting . As a result, the
relation between XM and is frequency dependent, and,

therefore, is not always a good estimate of XM. The ef-
fect of the out-of-band circuit impedances on XM was investi-
gated on an LNA that showed a significant XM reduction when
its input matching circuit was optimally tuned outside the exci-
tation frequency bands. The measured XM power was not zero,
as predicted by the theory, because of the contribution of the
fifth-order and higher odd-order LNA nonlinearities to XM that
were ignored in the analysis.

APPENDIX A

In this section, the autocorrelation function of a reverse-link
CDMA signal and NBGN is derived.

For both signals, the autocorrelation of the in-phase compo-
nent defined by (3b) is

(28)

where and are the averages over and , respec-
tively. Since and are uncorrelated for , only the
summation terms with will be nonzero and weighted by

. Using the following identity [14]:

(29)

we get

(30a)

Similarly, for the quadrature component of both signals

(30b)

The cross-correlation between and is zero because
their samples are not correlated. Thus, the autocorrelation func-
tion of and is

(31)

APPENDIX B

In this section, the characteristic function of a reverse-link
CDMA signal is derived. By definition [11], this function is

(32)
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where and are the statistical averages over and
samples, respectively. Setting equal to zero, we get

(33)

Similarly,

(34)

Thus, the characteristic function of the CDMA signal is

(35)

where the sinc function was replaced by its definition and sim-
plified.

APPENDIX C

In this section, the autocorrelation and spectral density func-
tions of the XM distortion are derived.

The autocorrelation function of the third-order term in the
Volterra-series expansion of the output signal (11) is

(36)

where

(37)

Interchanging the order of integration and expectation operators
in (36) can be easily justified [11]. Replacing in (37) with

splits into four types of terms as follows:

(38)

where the first type is due to intermodulation of the jammer with
itself, the second type is due to intermodulation of the CDMA
signal with itself, and the last two types are due to intermodu-
lation of the jammer with the CDMA signal. Only the -type
terms relate to XM. There are 15 of them. Due to the symmetry
of the Volterra kernels [12] (neither permutations of , , and

, nor permutations of , , and change the final result),
the terms can be collected into two groups of identical terms
as follows:

(39)

where was set to zero for simplicity. It can be shown that only
the last nine terms in (39) contribute to XM. Replacing
in (36) with these nine terms and the Volterra kernels with their
three-dimensional Fourier transforms, we get

(40)

Using the following result:

(41)

and the sifting property of the delta function, (40) can be sim-
plified to

(42)
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The statistical average of the product of the CDMA signals
can be evaluated as follows:

(43)

where , , and stand for , , and given by (3a)–(3c),
respectively, and superscripts 2, 3, 5, and 6 indicate that the
corresponding signals are functions of , , , and

, respectively. The products with an odd number of
or multiplicands were omitted in (43) because their averages
are zero according to (4a).

Let

(44a)

(44b)

and where, as before, and
are independent random numbers . Equations

(3b) and (3c) can then be rewritten as

(45a)

(45b)

Substituting these definitions into (43), we get

(46)

where the meaning of the superscripts is the same as in (43) and
the summation operator with four indexes denotes four inde-
pendent infinite sums over these indexes. Using the correlation
properties (4a), it can be shown that

(47)

The correction term appears on the right-hand side
of the above equation because it was counted three times in the
first three terms. Since the fourth-order moment of is one

according to (5), the correction had to be applied. It is interesting
to note that, if and were Gaussian noise samples, their
fourth-order moment would be three according to (6) and no
correction would be needed.

Due to the symmetry of the Volterra kernels, permutations of
and or permutations of and should not change the

final result. Therefore, the second and third summands on the
right-hand side of (47) can be combined reducing (47) to

(48)

The remaining products in (46) can be evaluated similarly re-
sulting in

(49)

The underlined terms contribute to the XM distortion and the
rest contribute to the gain compression or expansion of the
jammer. Further on, we will concentrate on the former ones.

The averages of products in (49) can be evaluated directly in a
closed form using symbolic math, as was done in [16]. However,
in this particular case, the result is very lengthy and difficult to
use. Instead, we will recognize that the multiplicands in each
product depend only on the corresponding delays ( , , ,
and ) and, therefore, can be individually integrated over these
delays with the corresponding exponential terms from (42) as
follows:

(50a)

(50b)
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where is the rectangle function [14]. After integration, the
multiplicands with the same summation index are multiplied
and summed. For example, the product of the second and
ninth summands in (49) can be evaluated as follows:

(51)

The summation is performed on those multiplicands of the
above equation that depend on . For example, the last two
summands in the braces are scaled by .
Recognizing that this quantity is the Fourier transform of a
delta function, its infinite sum can be evaluated using the
Poisson sum formula

(52)

Using the following identity [14]:

(53)

it can be shown that the last two summands in (51) are zero
outside interval and, therefore,
multiplying them by the infinite sum of delta functions in (52)
leaves only in that sum.

After evaluating all underlined products in (49) using the de-
scribed methodology, they are averaged over according to the
rule , where is an integer. Substituting the
evaluated and averaged products of (49) into (42) and keeping
only the terms centered around , we get the following auto-
correlation function of the XM distortion:

(54)

The integral in the braces is due to the correction terms of (49),
and , that distinguish the CDMA

signal statistics from those of NBGN.
The PSD function of XM is

(55)

where and

(56)

depends on the circuit impedances at the frequency argu-
ments and their linear combinations. Assuming that the circuit
impedances are frequency independent within around

, , , and , (56) simplifies to

(57)

for . The factor that is respon-
sible for the XM power drop to zero at comes from the
term in the braces of (56). Note that (57) was derived without
any assumptions regarding the circuit behavior in the CDMA
baseband.
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